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~ PHUONG PHAP TQA PQ TRONG KHONG GIAN
l. KIEN THUC CAN NAM

1. Toa d¢ vecto: Cho 5=(a1,a2,a3),5 =(b,,b,,b,). Taco

atb=(a, £bh;a,=h,a, +b,) ka =(ka,;ka,;ka,)
a,=h,
a=bo a,=b, ; 5cﬁngphu’0ng5<:>ﬁ:a—2:&
bl b2 b3
a;=b;

- 2 2 2
‘a‘ =w/a1 +a2 +<’;l3

ab=ab, +a,b, +a,b,
2. Toa dd diém: Cho A(XaYa;Za) B(Xs.Ye:Z5), C(XcYei Zc)

E=(XB—XA;yB_yA;ZB_ZA)
‘ATB.‘:AB:\/(XB_XA)Z+(yB_yA)2 +(ZB_ZA)2

M la trung diém cua AB < M(XA;XB;YAWB;ZAHBJ

2 2

G la trong tam tam gidc ABC < M(XA T Xg *Xe . Yat Y * Yo . Zat Zg +ch
' 3 ’ 3 ’ 3

3. PHUONG TRINH MAT CAU
o Phwong trinh mat cdu (S) tdm I(a ; b; ¢), ban kinh R:

+(S):(x—a)* +(y—b)*+(z—c)* =R?

+Phuong trinh: x> + y?+ 72 -2ax -2by -2cz + d = 0 véi a? + b? +¢? - d > 0 la phwong trinh

mdt cdu tam 1(a ; b; c), ban kinh R =+/a2 +b? + ¢ —d

4. PHUONG TRiINH MAT PHANG TRONG KHONG GIAN
e Vecto phap tuyén ciia mit phang:

* 0 % 012 VTPT cia mp(a) néu: n L (a)
Cha y 1. Hai vecto khong cung phuong g, Bcc’) gia chra trong hoac song song vai (a ). Khi do:
F, B} 1a vecto phép tuyén cua (o)
e Phuong trinh tong quat cia mit phang: Ax + By + Cz+ D =0 (A2+ B2+ C? #0)

R —>
+ Mat phang c6 phuong trinh: Ax + By + Cz+ D =0 thi c6 VTPT: n =(A;B;C)
+ Phuong trinh mp cit Ox, Oy, Oz lan luot tai cac diém (a; 0:0), (0; b ; 0), (0;0:c) la:
y

X + o + Z_ 1 (phuong trinh theo doan Chén)
a C
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e Khoang céach tir M (X,; Yy;2,) dén (P) dugc tinh theo cong thic :
AX, + By, +Cz, + D
d(M;(P) =| L=
( ) VA +B?+C?
5. PHUONG TRINH PUONG THANG TRONG KHONG GIAN
Cac dang phuong trinh dwong thing: Cho duong thang A, qua diém Mg (%y; Ye:Z,) €O
VTCP u, =(aa,:a,)

X=X, +a,t
-Phuong trinh tham s6: {y =y, +a,t, V6i a= (a,;a,;a,) la vecto chi phuong cua duong
Z=12,+at
thang.
—Xo _Y—Yy 2-Z

. X
-Phuong trinh chinh tac: = = . (a.a,8,#0)
al a2 a3

I1. BAl TAP TRAC NGHIEM
Cau 1. Trong khong gian véi hé toa do Oxyz. Cho vecto U =3 j —2i +5k , khi d6 toa do clia vecto U dbi
véi hé toa do Oxyz la:

A. (-2;3;5) B. (3;-2;5) C. (5;3,-2) D. (-2;5;3)
Cau 2. Trong khong gian véi hé toa do Oxyz. Cho vecto U = (3;—1;2), khi d6 do dai ciia vecto U bang:
A 14 B. V4 c. V13 D. V14 14

Cau 3. Trong khong gian véi hé toa dd Oxyz. Cho hai vecto U = (L;1;—2) va v =(-5;14), khi d6 toa

do cua vecto U+V la:

A. (2,11 B. (-6;2;6) C.(-4;,2,2) D. (-4,2;-2)

Cau 4. Trong khdng gian véi hé toa dd Oxyz. Cho hai vecto a= (3;0;1) va b= (&;—2;4), khi @6 ab
bang:

A.8 B.7 C.6 D.5

Cau : Trong khong gian Oxyz, hinh chiéu vudng gdc cia diém M (2;—2;1) trén mit phang (Oxy) ¢ toa
do la
A. (2,0;1). B. (2,-2,0). C. (0;-2;1). D. (0;0;1).

Cau 5. Trong khong gian véi hé toa do Oxyz. Mat phang di qua diém M (3;—1;1) va nhan vecto
n= (2;1;,—4) 1am vecto phép tuyén c6 phuong trinh 1a:

A.2x+y—-4z-1=0 B. 2x+y-4z+1=0
C.2x-y+4z-1=0 D. 2x-y+4z=0
Cau 6. Trong khong gian véi hé toa d6 Oxyz. Cho 3 diém A(2;0;0), B(0;-1;0), C(0;0;3), mat phang
(ABC) ¢6 phuong trinh la:
X z X z
A—--y+==0 B-—-y+=-=1 C.2x-y+3z=1 D. 2x-y+3z=0
2 y 3 2 y 3 Y Y
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Cau 7. Trong khong gian véi hé toa dd Oxyz. Khoang cach tir diém M(0;1;1) dén mat phang
(P):x—2y+2z—-3=0 bang:

Al B.-1 C. 1 D. —1
3 3

Cau 8. Trong khong gian véi hé toa d6 Oxyz. Cho mat phang (P): X — 2y + 2z —3 = 0,diém nao sau
day thuoc (P)?

A. (2;3;1) B. (3;1;1) C.(1;-2)1) 7 D. (4;2;-1)

Cau 9. Trong khéng gian vaéi hé toa d6 Oxyz. Puong thang di qua diém M(4;1;-2) va nhan vecto

U = (1,-3;2) lam vecto chi phwong c6 phuong trinh tham sé I2:

X=4+t x=1+4t X=t X=4+t
A y=1-3t B.<y=-3+t C.qy=-3t D.qy=1-3t
71=-2+2t 2=2-2t 7=-2+2t 72=-2

Cau 10. Trong khdng gian véi hé toa d6 Oxyz. Mat cau (S) c6 tam 1(2;3;-1), ban kinh R = 4 ¢6 phuong
trinh 1a:

A (Xx=2+(y=3)’+(y+1)°* =4 B. (X+2)*+(y+3)*+(y-1)°=16
C.(x=2)*+(y=3)*+(y+1)’ =16 D. (x+2)°+(y+3)°+(y-1)*=4

Cau 10.1Trong khong gian Oxyz, cho mat cau (S):(x—l)2 +(y+2)2 +(z—3)2 =16. Tam cua (S) co toa
do la

A. (-L-2-3). B. (123). C. (-12-3). D. (1,-2;3).
Cau 11. Trong khong gian Oxyz, cho a(-1;2;-3); (3, 3;,4); ¢(5,0;-1). Gi tri cua 5.(5+E) la:
A.8 B.11 -8 D.-11

Céu 12. Trong khong gian Oxyz, cho (P):2x+y—-z— 10 =0 va (Q):4x+2y—-2z+9=0. Vi tri trong
dbi cua (P)va (Q) la:

A. Cit nhau va vudng goc. B. Song song.

C. Trung nhau. 7 D. Cat nhau va khong vuong géc..

Céu 13. Trong khong gian Oxyz, duong thang (d)di qua goc toa dd O va co6 vecto chi phuong

U =(2;-3;1) c6 phuong trinh 1a:

Xx=2t X=-t X =-2t Xx=2t
A {y=-3t (teR) B.{y=2t (teR) C.{y=3t (teR) D.{y=3t(teR)
z=t z=3t z=t z=t
Cau 14. Cho 2 diém A(2; 4; 1), B(-2; 2; -3). Phuong trinh mit cau duong kinh AB 1a:
A x> +(y-37+(z-1*=9 B. x> +(y+3)> +(z—1)* =9
C. X>+(y=-372+@z+1)>=3 D. x> +(y=3)>+(z+1)> =36
Cau 15. Khoang céch tir diém M(-2; -4; 3) &&n mit phang (P) ¢6 phuong trinh 2x — 5y + 2z -7 =0 la:
A7 B.25 C.15 D.22
Cau 17. Trong khdng gian Oxyz mat phing (P) di qua diém M(-1;2;-6) va c6 VTPT n = (~2;3;~7)c6
phuong trinh la:
A. -2x+3y-7z-50=0 B.4x-5z-4=0  C. 4x-5y+4=0 D.4x-5z+4=0

GV: Tri¢u Thi Quynh Nhuw



Truwong Trung cd'p nghé DTNT Khanh Vinh Toan 12

x=1+2t X=7+3ts
Cau 18. Vi tri tvong ddi cua hai duong thang dy 14y =-2-3t;dy:{y=2+2t la
Z=95+4t z=1-2t
A.Chéo nhau B.Trung nhau C.Song song D.Ciét nhau

Cau 19. Trong khong gian Oxyz, cho céc diém: A(2;-1:1) , B(3;2;3), C(1;-2;2). Phuong trinh tham s
cua duong thang AB la:

X=2+t X=1+4t X=t X=4+t
A y=-1+3t B.<y=-3+t C.qy=-3t D.qy=1-3t

z=1+2t 1=2-2t Z=-2+2t z2=-2

, X—2 +1 z+3 ,
Cau 20. Trong khong gian , cho duong thang d : 1 _J 3 = > va mat phang
(P): x+2y + z + 9 = 0.Toa d0 giao diém I ctia duong thang d va mp(P) 1a:
A. (4;-7;1) B. (2;3;1) C. (1;-2;1) D. (4;2;-1)
, x-1 -2 z+1
CAau 21. Trong khong gian Oxyz cho 2 duong thang (d): =Y 1 = >
x-1 +1 2z ‘s

va (d’): S = yT = Vi tri twong doi ciad vad’ 1a:
A. Chéo nhau B. Trung nhau C. Cit nhau D. Song song

Cau 22. Cho 4 diém A(1;0;0), B(0;10), C(0;0;1), D(—2;1,—1). PT mat cau tam A tiép xdc véi mp
(BCD) la:
A (x=2) +y*+2° =1 B. (x+2) +y*+2° =1
C. (x—2)2+y2+22=4 D. (x+2)2+y2+22=4
Cau 23. Trong khong gian Oxyz, cho diém M(-3:4;1), duong thang d c¢6 phuong trinh
X=—t
y =1+t (teR) vamit phang (P) c6 phuong trinh X+ Yy + Z —3 = 0. Phuong trinh mit phang (Q)

z=-1+t
qua diém M va vudng goc véi dudng thang d 1a:
X yA
A X—-y—z+8=0 B.E—y+§:0 C.2x-y+3z=1 D. 2x-y+3z=0
Cau 24: Phuong trinh (P) song song (Q): -3x+y+7z-4=0 va di qua A(-1;0;-3) la:
A. -3x+y-7z-11=0 B. 2x+y-3z+17=0
C. -3x+y+7z+14=0 D. 3x-y-7z+1=0

Cau 25: Trong khdng gian véi hé toa d Oxyz, cho hai diém A(2;4;1), B(-1;1;3) va mat phang (P):
x—3y+2z-5=0. Viét phuong trinh mit phiang (Q) di qua 2 diém A, B va vudng g6c véi mit phang

(P).
A. (Q):2y+3z-11=0 B. (Q):—2y+3z+11=0
C. (Q):x+2y+3z-11=0 D. (Q):2x+3z-11=0
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Cau 26. Trong khong gian Oxyz, cho cac diém: A(-2;-1;1) , B(-4;2;0) . Phuong trinh tham s ciia duong
thang AB la:

X=2-2t X=2+t X= X=4+t
A y=-1+3t B.<y=-1+3t C.qy=-3t D.qy=1-3t
z=1-t z=1+2t 1=-2+2t 1=-2

Cau 27: Trong khdng gian véi hé toa d6 Oxyz, cho duong thing d : X;rl = yl_l _272
P: x—y—z—1=0. Viét phuong trinh duong thiang A di qua A(l;1;-2), song song Vé&i mat phang (P)
va vudng goc véi duong thang d .
x—-2 y-5 z+3

va mat phang

x+l y+1 z-2

A. A: B. 4:
1 1 -2 2 5 -3
C.A:x—l:y—1:z+2 DlA:x—2:y—5:z+3
2 5 -3 -1 -1 2

I y—-1 z+2

" , 5 -3

CAU 28.Trong khéng gian véi hé truc toa do Oxyz , phuwong trinh tham so cta duong thang d di qua
diém A(12;3) vavudng goc véi mat phang («):4x+3y—7z+1=0 la:

Huong dan giai: © &= | uy:ny |=(2:5:-3). Anhan @ 1am VTCP = 4: %

x=1+4t X =1+8t
A d:iy=2+3t(tel). B.d:{y=-2+6t (tell).
z=3-Tt z=-3-14t
x=1+3t X=4+t
C.d:qy=2-4t(tel). D.d:qy=3+2t (tel).
z=3-Tt z=—-7+3t

Cau 29. Trong khong gian vai hé truc toa @ Oxyz , phuong trinh chinh tic ciia dwdng thang d di qua
diém M (2;0—-1) va co vecto chi phuong u= (4,-6;2) 1a

Ad: X2y _z+l B.d:Xt2_y _z-1
2 -3 1 4 -6 2

c d x+2:l:z— . D.d:X 4:y+6:z—2
2 -3 1 2 -3 1

Cau 30.Trong khong gian véi hé truc toa 46 Oxyz , phuong trinh chinh tac cua duong thang d di qua
diem A(L2;-1) va vudng goc véi mat phang (P):x+2y-3z+1=0 la:
x-1 y-2 z+1

X+l y+2 z-1

A. d: ) B. d
2 3 1 1 2 -3
C.d:x—lzy—2:z+1. D.d:X_Z:y_4:Z+4.
1 2 3 1 2 -3
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